for all possible integers m (cf., e.g., [5, (14) ]). Our distinction between "large" and "small" is oriented towards the quadratic mean value of S(m, N ). It is known that 1
for N tending to infinity (more precisely, the asymptotic main term of (2) lies between 2 √ N and 5 √ N , cf. [9] ). Having (2) in mind we say that S(m, N ) is small if S(m, N ) √ N and large if √ N = o(S(m, N )) as N → ∞. It has been observed by various authors (cf. [2] , [4] , [5] ) that S(m, N ) becomes large for arguments m lying near points N · c/d, where d is a small natural number and (c, d) = 1. In [5] we conjectured a sort of converse, namely, that S(m, N ) is small (in the above sense) if m is outside a certain union of intervals with mid-points N · c/d, 1 ≤ d ≤ √ N . In this paper we prove a stronger version of this conjecture (cf. Theorem 1). Indeed, the intervals considered here are smaller than those of [5] (cf. the remark at the end of Section 2 below), and their definition is simpler.
The following terminology will be used: A Farey point (or simply an
The denominator d is called the order of the F -point. Further, we fix an arbitrary constant C > 0. The interval
is called the F -neighbourhood of the point N · c/d. We write
for the union of all neighbourhoods belonging to F -points of a fixed order d. Further,
The integers m (relatively prime to N , as always) lying in F are called 
It is not hard to see that the set F is small in terms of its Lebesgue measure: By (3) and (4), the measure of
for large numbers N (cf. [1, p. 71] ). Nevertheless, the number of F -points might be large, since F is the union of many intervals-their number amounts to N . The following theorem says that this is not the case. In particular, the number of ordinary integers exceeds that of F -neighbours by far, which justifies our choice of names. a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a aa a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a aa a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a aa a a a a a a a a aa a aa a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a aa a a a a a a a aa aa a a a aa aa a a a a aa a a aa a a a a aa aa a a a aa aa a a a a a a a aa a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a aa a aa a a a a a a a a aa a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a aa a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a aa a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a  a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a  a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a  a a a a a a a a a a  a a a a a a a a a a a  a a a a a a a a a a  a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a  a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a  a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a  a a a a a a a a a a a a a  a a a a a a a a a a a a a a  a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a  a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a a Are the F -neighbourhoods really zones of disturbance for the graph G? The answer is of an asymptotic nature, of course. Hence suppose that N runs through a sequence of natural numbers tending to infinity. The number d ≤ √ N need not be constant but may also tend to infinity, and the same is true of the number m, 0 ≤ m < N . Suppose that m remains an F -neighbour of order d while N grows. This means that the abscissa S(m, N ) is small , i.e., S(m, N ) √ N . (b) If , on the other hand , m is a close F -neighbour of order d, then  S(m, N ) is large. More precisely,
In view of Theorems 1 and 2, assertion (a) is not surprising. Indeed, if we change the constant C, an ordinary integer m becomes an F -neighbour and conversely-so the asymptotic behaviour of distant F -neighbours and ordinary integers should be much the same. However 
The hyperbolic nature of the graph G in the vicinity of F -points of small order has been observed in the literature (cf. [2] , [4] , [5] ). The hyperbola of Corollary 2 is equilateral, its mid-point is the F -point N ·c/d, its asymptotes are given by x = N ·c/d and y = 0, and its parameter is √ 2N /d. One should, however, not think that the part {(m, S(m, N )) : m ∈ I} of the graph has a symmetric shape relative to the mid-point of the hyperbola, since the distribution of right and left F -neighbours m (i.e., those with x m > 0 and x m < 0, respectively) around N · c/d is in general not symmetric. In Section 3 we shall discuss some more details of this kind. a a a a a a a a a a a a a a a a a a a   a a a a a a  a a a a a a a a a a a a a  a a a a a a  a a a a a a a a a a a a a a a a a a a a a a a a Our understanding of "large" and "small" comes from a quadratic mean value (cf. (2)) which favours large numbers, of course. From this point of view the majority of Dedekind sums is not only small but even "microscopic". Indeed, 1
(cf. [4, Lemma 6] , cf. also [8] ). The microscopic size of most Dedekind sums has some influence on S(m, N ) for distant F -neighbours m; namely, the hyperbolic shape of the above graph G in general extends over those m, too-up to few exceptions, cf. the example and the remark at the end of Section 3.
The distribution of Dedekind sums has attracted a great deal of interest (cf. [8] , [2] , [3] , [4] , [9] ). The results of this paper belong to the easier ones. In our opinion they contribute something to the understanding of pictures of the graph G. 
Farey neighbours

S(m, N ) = S(c, d) ± S(r, q)
where the ± sign is the sign of q in both cases. Combined with (1), the reciprocity law gives 
We fix such an F -point and obtain, from (8),
provided that N ≥ 4. Finally, suppose that m is an ordinary integer. So its distance to the above F -point satisfies
On inserting the estimates (11)- (14) into (10), we obtain
which is ≤ (2 + 1/C) √ N + 5 for N ≥ 15. The proof of Theorem 2 is based on the following 
However, one readily infers from [7, p. 6, Theorem 5] that the sum on the right hand side is ≤ log(2 √ N ) whenever N ≥ 17. Remark. In [5] we considered intervals around the F -points which were larger than our F -neighbourhoods when the order d ≤ √ N was large, their size being (roughly) N/d 3 . Altogether, those intervals contained N 2/3 integers, in contrast with the situation of Theorem 2. As to assertion (b), suppose that m remains a close F -neighbour. Then
As 
